A generalization of two sharp inequalities of Simpson type and Ostrowski type in two independent variables is established.
Introduction
Numerical integration in two or more dimensions is still a much less developed area than its one-dimensional counterpart, which has been worked on intensively. In the last ten years, we have seen in [1] [2] [3] [4] [5] that two-dimensional integral inequalities that have been developed for those error bounds were expressed in terms Lebesgue norms of the integrand partial derivatives. Motivated by [6] , in a recent paper [7] , Z. Lü has proved the following two interesting sharp inequalities of Simpson type and Ostrowski type in two variables via a new sharp bound: Theorem 1. Let f : [a, c] × [b, d] → R be an absolutely continuous function, whose partial derivative of order 2 is f st ∈ 
where σ (f st ) is defined by (2) . Inequality (3) is sharp in the sense that the constant 7 √ 7 12 cannot be replaced by a smaller one. Following [8] , in this work, we will derive a new sharp inequality with a parameter for the absolutely continuous function
will not only provide a generalization of inequalities (1) and (3), but also gives some other interesting sharp inequalities as special cases.
The results

Theorem 3. Let the assumptions of Theorem 1 hold. Then for any
where σ (f st ) is defined by (2) . The inequality (4) 
By (5), we have
Integrating by parts, we obtain
We also have
and
From (6) to (8) , it follows that
Using the Cauchy-Buniakowski-Schwarz integral inequality for double integrals, we have
(10)
From (9) to (12), we can easily get (4) .
In order to prove that the inequality (4) is sharp, we now suppose that (4) holds with a constant C > 0, as 
